Let Ibea
metric space, and let B be the a-algebra of the Borel sets in X. The sequence of the probability measures p.n on B is said to be weakly converging to the measure p, if for any continuous function / the distributions of / with respect to p,n converge to the distribution of / with respect to p. The set M of probability measures {p} on B is said to be weakly compact if for any sequence of measures pn G M there exists a weakly convergent subsequence. The following is a theorem of Yu. V. Prohorov (see [4, IX, §1] ). Theorem 1. Let X be a metric space and let M be the set of probability measures on B. If for any e > 0 there exists a compact subset K such that sup{ p(X \ K); p. G M} < e, then M is a weakly compact set.
We shall use the following theorem of Frechet and Kolmogoroff (see [5, IX, §1]). (2) For any e > 0 there exists 5 > 0 such that if \t\ < 8 then f \x(t + t) -x(t)\p dt < e for all x(t) G K, where the addition t + t is considered modulo 1. t the random variable £(?, w) on R is defined. Consider the measure ju0 defined on the product of fi and the interval [0, 1] which is the product of the probability P and the Lebesgue measure on [0, 1] . Following Doob, we say that the random process |(f, «) is measurable if the function £(<\ w) is measurable with respect to jti0. We confine ourselves to random processes satisfying E\£(t)\p < C for all t E [0, 1], p > 1. In this case, the paths of i(t, co) belong to Lp[0, 1] with probability 1, and for any continuous functional/on L^O, 1] the functional of the random process /(!(/)) *s a random variable. Proof. We will denote a random process £(<) by £(r, to), with Q = {w} a probability space. From the measurability of £(r, w) it follows that for all e > 0 there exist mutually exclusive S2,,..., Rr, points 0 = d0 < dx < ■ ■ ■ < dr = 1, and a function £(r, w) such that (i)Q-u;=A;" From the ideas which were introduced previously, it follows that there exists a sample of points a} < bx < a2 < b2 < . . . (2)K5'^*'1)>(l-2eX*1.-a,.). converges to the distribution off(%(t)).
In particular, Blim P { Jf1 W"2 (/) A < a } = P { Jo V(/) rf/ < a }. Remark. Concerning the various statistical criteria the reader is referred to [3] , which also contains a rich bibliography on the subject. In [4, IX, §8] one can find the theorem that for any functional / continuous in the Skorohod metric, the distribution of f(r}n(t)) converges to the distribution of f(t\(t)). Our Theorem 5 is a special case of this theorem. Nevertheless the fact that Theorem 5 follows from such simple and general considerations is rather interesting.
